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Multi-scale analysis, which involves combining advanced elements
with computationally fast elements, is an effective method for
DVVHVVLQJWKHEHKDYLRURIODUJHVWUXFWXUHVZLWKGH¿FLHQWRUFRPSOH[
members. One major challenge in multi-scale analysis is modeling
the interface between the two types of elements. This study presents
a new interface element for connecting a beam element to
PHPEUDQHHOHPHQWVVSHFL¿FDOO\IRUPXODWHGIRUUHLQIRUFHGFRQFUHWH
members. The proposed element considers reinforced concrete a
composite material, is capable of computing linear and nonlinear
stress distributions through the section, and allows for transverse
expansion at the interface section. The accuracy of the interface
HOHPHQWLVYHUL¿HGWKURXJKDQDO\VLVRIDVHULHVRIEHDPVSHFLPHQV
presented in the literature. The improvements of the proposed
method are compared against two commonly used beam-membrane
coupling methods. Lastly, the application of the interface element
is demonstrated by multi-scale analysis of a reinforced concrete
frame structure with critical joints.
Keywords: beam-membrane coupling; multi-scale modeling; nonlinear
analysis; reinforced concrete; shear behavior.

INTRODUCTION
,QQRQOLQHDU¿QLWHHOHPHQWDQDO\VLVVLWXDWLRQVRIWHQDULVH
where more than one type of element is required to model
the structural system. This type of simulation is known as
multi-scale or mixed-type modeling and has attracted much
research interest over the past several years.1-8 One common
application of mixed-type modeling is connecting beam
elements and membrane elements for analysis of large,
complex reinforced concrete structures. Beam elements are
computationally fast and suitable for global analysis of strucWXUHV +RZHYHU GXH WR WKH OLPLWDWLRQV RI WKHLU IRUPXODWLRQV
they are unable to accurately analyze members with highly
nonlinear behavior (for example, disturbed regions) or accurately represent local mechanisms in cracked reinforced
concrete (for example, bond-slip effects, and stress condition at
the crack). Compared to beam elements, membrane elements
can capture detailed mechanisms and compute the response
RI WKH VWUXFWXUH ZLWK EHWWHU DFFXUDF\ +RZHYHU PRGHOLQJ
the entire structure with membrane elements is typically not
practical due to computational time and memory storage
limitations. With a mixed-type modeling approach, a combination of beam elements and membrane elements can be
used to model the entire structure while taking into account
local effects in critical members and members with complex
or continuum-type of behavior. This requires having a good
understanding of the structural behavior and recognizing the
location of the critical regions prior to the analysis.
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For coupling a beam element with membrane elements,
special consideration must be given in modeling the interface
VHFWLRQ6SHFL¿FDOO\WKHURWDWLRQDWWKHLQWHUIDFHQRGHRIWKH
beam element must be transferred to the equivalent displacements of membrane elements, which usually only support
translational degrees-of-freedom (DOFs). The procedure
must satisfy compatibility and equilibrium requirements at the
interface section. In addition, because the interface section is
usually located close to a critical member of the structure and
WKHGLVWDQFHZKLFKLVLQÀXHQFHGE\FRXSOLQJWKHWZRHOHPHQWV
is not known prior to the analysis, realistic stress distributions
must be computed at the interface section.
The existing beam-membrane coupling methods can be
categorized into three main types: rigid links, multi-point
constraints (MPCs), and transition elements. Rigid links are
the simplest type of coupling method in which extremely high
stiffness members connect beam and membrane elements.1,2
$OWKRXJKWKHULJLGOLQNVPHWKRGVDWLV¿HVFRPSDWLELOLW\DQG
equilibrium requirements, it does not provide a realistic
stress distribution at the interface section. In addition, a
set of transverse rigid members at the connection acts as a
strong stirrup that does not allow transverse expansion at the
interface, adding additional stiffness to the structure, which
may affect the response of the system.
:LWK WKH 03& PHWKRGV FRQVWUDLQW HTXDWLRQV GH¿QH WKH
relationship between the displacements at the interface DOFs
of the beam and membrane elements. One popular type of
MPC method is the energy-based approach proposed by
McCune et al.3 In this method, the constraint equations were
derived based on equating the work done by the stresses in
each element type at the interface and the assumed stress
GLVWULEXWLRQV DORQJ WKH FURVV VHFWLRQ +R HW DO4 proposed
FRQVWUDLQWIRUPXODWLRQVEDVHGRQGH¿QLQJHTXLYDOHQWIRUFHV
and moment for the beam element at the connection section.
Although the method resulted in a uniform and unperturbed
stress distribution between the two types of elements, it
assumed rigid displacements, which did not allow transverse
expansion at the interface section. Wang et al.5 used the
virtual work concept and developed an iterative procedure
to formulate constraint equations by applying unit forces and
moment on the beam submodel. While the method eliminated the stress distribution assumptions made in previous
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Fig. 1—Overview of F2M element and strain distributions through cross section at interface section.
MPC methods, the expensive computations required to
update the constraint equations prohibited its practical application to nonlinear analysis.
Another type of coupling method is based on the use of
transition elements. Most of the research in this area has
been focused on shell-solid connections. For the beammembrane coupling problem, Bathe6 proposed a transition
HOHPHQW EDVHG RQ LVRSDUDPHWULF ¿QLWH HOHPHQW IRUPXODWLRQ
RIDRQHGLPHQVLRQDO ' EHDPHOHPHQW.LPDQG+RQJ7
introduced a two-dimensional (2-D) transition element for
analysis of coupled frame-shear wall structures. The stiffness matrix of the transition element was formulated based
on constraint equations that assumed linear and constant
displacement distributions in the axial and vertical directions, respectively. Garusi and Tralli8 proposed a hybrid set
of stress-assumed transition elements for beam-solid and
beam-shell connections. Instead of formulating the stiffness
matrix using relationships between displacements of DOFs,
the method derived stiffness properties by assuming a stress
¿HOGEDVHGRQWKH6DLQW9HQDQWWKHRU\+RZHYHUWKHVHWUDQsition elements were prone to “spurious kinematic modes”
that had to be suppressed through the introduction of a
penalty strain energy term.
While the afore-mentioned beam-membrane coupling
methods can satisfy the compatibility and equilibrium
requirements at the interface section, they have limitations
when applied to nonlinear analysis of reinforced concrete
structures. Some of the methods impose a constant transverse displacement distribution that does not allow for
transverse expansion and accurate calculation of Poisson’s
effects.1,2,4,6,7 Some of the methods do not consider stress
distribution at the interface1,2,6,7 and the ones that do, analyze
the effects of axial stresses and shear stresses separately.3-5
+RZHYHU LQ UHLQIRUFHG FRQFUHWH VWUXFWXUHV WKH D[LDO DQG
shear stresses are closely interrelated (for example, stress
condition at the crack). Also, almost all the previous studies
have focused on linear elastic analysis, but the behavior of
reinforced concrete structures is highly nonlinear due to the
low cracking strength and nonlinear compression response
of the concrete, and yielding of the reinforcement.
In this study, a new beam-membrane (that is, framemembrane) interface element, named the F2M element, is
developed particularly for the analysis of reinforced concrete
structures with an attempt to address the aforementioned
limitations. An iterative procedure, formulated based on the
Disturbed Stress Field Model (DSFM),9 is used to calculate
linear and nonlinear stress distributions at the interface
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section. The procedure allows for transverse expansion and
accounts for Poisson’s effects at the interface section. The
performance of the F2M element is examined by mixed-type
modeling of a series of beam specimens and comparing the
results against experimental tests, stand-alone models, and
two other commonly used coupling methods. In addition, to
demonstrate the application of the F2M element, a reinforced concrete frame structure with critical joints is modeled
and analyzed in a mixed-type manner.
RESEARCH SIGNIFICANCE
Integration of advanced membrane elements with computationally fast beam elements is an effective solution technique for multi-scale analysis of large, complex structures.
The existing beam-membrane coupling methods are mostly
OLPLWHGWROLQHDUHODVWLFSUREOHPVDQGKDYHVHYHUDOPDMRUGH¿ciencies when applied to reinforced concrete members (for
example, considering the transverse expansion or the shear
strength reduction due to the concrete cracking). This study
presents a new type of beam-membrane interface element
that eliminates limitations of the existing coupling methods
and improves modeling of the connecting section. In multiscale analysis, accurate modeling of the connecting section,
ZKLFKLVW\SLFDOO\ORFDWHGFORVHWRDGH¿FLHQWPHPEHUFDQ
LQÀXHQFHERWKWKHORFDODQGJOREDOEHKDYLRURIWKHVWUXFWXUH
PROPOSED INTERFACE ELEMENT
Overview
The F2M interface element is a two-noded semi-deformable
element that has to be used as a group of elements oriented
perpendicular to the beam element and along the membrane
elements at the connecting section. The algorithm of the
proposed element includes three main parts: 1) stiffness
of the element; 2) axial and shear stress distributions; and
3) nonlinear material models. A comprehensive description
of each part is provided in the following subsections.
As shown in Fig. 1, the stiffness matrix of the F2M
element is set such that it has high stiffness values in the
transverse and rotational directions (K22 and K33, respectively) and near-zero stiffness in the axial direction (K11).
This enables the analysis to transfer the rotation from the
beam elements to the equivalent translational displacements
in the membrane elements based on the assumption that
“plane sections remain plane.” In addition, having near-zero
stiffness in the axial direction avoids the addition of extra
stiffness to the system and allows lateral expansion at the
connecting section. In a typical coupling method, the shear
ACI Structural Journal/May 2018

forces are transferred between the two elements using either
WKHULJLGOLQNVRUDSUHGH¿QHGVWUHVVGLVWULEXWLRQDWWKHLQWHUface section. With the F2M element, because the axial stiffness is set to a near-zero value, an iterative procedure is used
to compute shear and axial stress distributions at the interface section. The procedure accounts for the material nonlinearity effects based on the DSFM model.
Stress distributions
An iterative procedure is used to transfer shear between
the two submodels. The procedure is adopted from frame
analysis software developed by Guner and Vecchio.10 In the
¿UVW LWHUDWLRQ RI WKH DQDO\VLV WKH VROXWLRQ RI WKH VWUXFWXUDO
system is calculated assuming high stiffness in the axial
direction for the F2M elements (that is, F2M elements
initially act similarly to those in the rigid links method). In
the subsequent iterations, the axial stiffness of the F2M
elements is set to a near-zero value. Using a layered analysis
approach that assumes plane sections remain plane, the
longitudinal strains at each layer of the cross section can be
calculated from the change in the length and curvature of the
connecting beam element (refer to Fig. 1)
εc, p =

φp =

L p − Lo
Lo

θ1, p + θ 2, p
Lo

⎛d
⎞
εi , p = ε c , p + φ p ⎜ − di ⎟
⎝2
⎠

(1)

(2)

(3)

ZKHUH ș1 DQG ș2 are the rotations at the two ends of the
connecting beam element; d and di are the heights of the
cross section and i-th layer; Lo is the initial length of the
element; Lp DQG ࢥp are the length and curvature of the
element at iteration pDQGİcDQGܭi are the axial strains at
middepth and i-th layer of the cross section, respectively.
Using the computed shear force from the structural system
VROXWLRQWKHVKHDUVWUDLQDWWKHPLGGHSWKRIWKHHOHPHQW Ȗc,p)
can be estimated for elastic members as
γ c, p

V
= SF
Gc ⋅ At

(4)

where V is the shear force; Gc is the elastic shear modulus
as given by Eq. (5); At is the transformed cross-sectional
area; and SF is the shear area factor for elastic members,
which is taken as 1.20 and 1.11 for rectangular sections and
circular sections, respectively, as suggested by Gere and
Timoshenko11
Gc =

Ec
2(1 + ν)

(5)

In Eq. (5), EcDQGȞDUHWKHPRGXOXVRIHODVWLFLW\DQGWKH
Poisson’s ratio of the concrete, respectively. Knowing the

ACI Structural Journal/May 2018

shear strain at the middepth of the cross section and assuming
a parabolic shear strain distribution, the shear strain of each
layer at iteration p of the analysis can be determined as
γ i, p =

4γ c, p
d2

(ddi − di2 )

(6)

The stress-strain constitutive relationship at the interface
section can be written as:
⎧ σ x ⎫ ⎡ D11
⎪ ⎪ ⎢
⎨ σ y ⎬ = ⎢ D21
⎪τ ⎪ ⎢ D
⎩ xy ⎭ ⎣ 31

D13 ⎤ ⎧ ε x ⎫ ⎧ σ x o ⎫
⎪ ⎪ ⎪
⎪
D23 ⎥⎥ × ⎨ ε y ⎬ − ⎨ σ y o ⎬
D33 ⎥⎦ ⎪⎩ γ xy ⎪⎭ ⎪⎩τ xy o ⎪⎭

D12
D22
D32

(7)

ZKHUH^ı`DQG^`ܭDUHWKHWRWDOVWUHVVDQGVWUDLQYHFWRUV>D]
LV WKH FRPSRVLWH PDWHULDO VWLIIQHVV PDWUL[ DQG ^ıo} is the
pseudo-stress vector corresponding to the strain offsets as
GH¿QHGLQWKH'6)0PRGHO
The total strains in concrete can be expressed as a compoVLWLRQ RI   QHW VWUDLQV ^ܭc}, which are used for calculations of stresses and stiffness moduli in the concrete; 2)
HODVWLFRIIVHWVWUDLQV^ܭco} due to lateral expansion, thermal,
VKULQNDJHDQGSUHVWUDLQHIIHFWV SODVWLFRIIVHWVWUDLQV^ܭcp}
due to permanent deformation resulting from cyclic loading;
DQG FUDFNVOLSRIIVHWVWUDLQV^ܭcs} due to shear slip on the
crack. The total concrete strains can be represented as

{ε} = {ε c } + {ε co } + {ε cp } + {ε cs }

(8)

Assuming perfect bond between the reinforcement and the
concrete, the total strains developed in the i-th reinforcement
component are equal to the total strains of the concrete at the
same location. Therefore, in a similar manner, the total
strains in the reinforcement can be expressed as a summaWLRQRI QHWVWUDLQV^ܭs}, which are used for calculations
of the stress and stiffness modulus in the reinforcement;
  HODVWLF RIIVHW VWUDLQV ^ܭso} due to thermal and prestrain
HIIHFWVDQG SODVWLFRIIVHWVWUDLQV^ܭsp} due to steel yielding
and damage resulting from cyclic loading. The total
reinforcement strains can be written as

{ε}i = {ε s }i + {ε os }i + {ε sp }i

(9)

Because of the perfect bond assumption, the proposed
interface element should be located an adequate distance
from sections with critical bond-slip behavior (for example,
interface of beam and column in joint panels). The distance,
ZKLFKLVLQÀXHQFHGE\FRXSOLQJWKHWZRW\SHVRIHOHPHQWV
can be determined using a sensitivity analysis.
7KH SVHXGRVWUHVV YHFWRU ^ıo} is computed from the
summation of the pseudo-stress vector arising from strain
RIIVHWVRIWKHFRQFUHWH^ıco}, and the pseudo-stress vectors
resulting from strain offsets of all the reinforcement compoQHQWV^ıso}

{σ } = {σ } + ∑ {σ }
o

o
c

n

i =1

o
s i

(10)
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Fig. 2—Transferring shear forces between beam and membrane elements.

{σ } = [ D ] × ({ε } + {ε } + {ε })

(11)

{σ } = [ D ] × ({ε } + {ε } )

(12)

o
c

o
c

c

o
s i

s i

p
c

o
s i

s
c

p
s

i

where [Dc] and [Ds]i are the material stiffness matrices for the
concrete and the i-th reinforcement component, respectively.
Assuming zero clamping stress at the interface section
ıy = 0), an iterative procedure can be used to calculate the
D[LDO VWUHVV ıx  DQG VKHDU VWUHVV Ĳxy) at each layer of the
cross section without decoupling the effects of stresses.
)LUVWWKHD[LDOVWUDLQ ܭx DQGVKHDUVWUDLQ Ȗxy) are determined
from Eq. (3) and (6), respectively. Assuming [Dc] and [Ds]i
are known matrixes (developments presented in the next
VHFWLRQ ^ıo} can be computed from Eq. (10) to (12) using
the strain offsets. Thus, the constitutive relationship, Eq. (7),
FDQEHVLPSOL¿HGWRWKUHHHTXDWLRQVDQGWKUHHXQNQRZQVLQ
ZKLFK WKH XQNQRZQV DUH WKH D[LDO VWUHVV ıx), shear stress
ıxy DQGWUDQVYHUVHVWUDLQ ܭy). Solving Eq. (7) provides the
axial and shear stress distributions at the beam side of the
interface section. Using the computed shear stress distribution
and the tributary area concept, the equivalent axial forces at
the F2M element nodes are computed. To transfer shear
between the two submodels, the computed equivalent forces
are applied in the opposite direction on the corresponding
nodes of the connecting membrane elements.
To satisfy equilibrium at the interface section, the computed
force of the membrane node located at the cross-sectional
PLGGHSWKPXVWEHPRGL¿HGWRDFFRXQWIRUWKHWRWDOVKHDUIRUFH
carried by the corresponding node in the frame submodel
resulting from the system-level analysis. Without this force
PRGL¿FDWLRQ WKH VHFWLRQDO VKHDU IRUFH ZLOO EH FRXQWHG
WZLFH²RQFHIURPWKHVKHDUIRUFHFDUULHGE\WKHFRQQHFWLQJ
node of the frame submodel, and once from the external
forces applied on the connecting nodes of the membrane
submodel. As presented in )LJDQG(T  WKLVPRGL¿HG
force (P*) is equal to the difference between the total shear
force (Pf) and the equivalent force of the membrane node at
the cross-sectional middepth (Pc) and must be applied in the
opposite direction of the equivalent force
P* = Pf – Pc

(13)

:LWKRXW WKLV IRUFH PRGL¿FDWLRQ WKH VKHDU IRUFH DW WKH
interface section will be twice the correct value.
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Material matrix formulation
To compute the composite material stiffness matrix [D] in
the aforementioned iterative procedure, the behavior of
cracked reinforced concrete is represented according to the
DSFM model. This model is formulated based on the smeared
rotating crack approach, where the cracks are considered as
DQDYHUDJHGHIRUPDWLRQVSUHDGRXWRYHUWKHDUHDRIWKH¿QLWH
HOHPHQWV,QWKHLWHUDWLYHSURFHGXUH¿UVWDQDUELWUDU\YDOXH
LVDVVXPHGIRUWKHWUDQVYHUVHVWUDLQ ܭy). Knowing all three
strain components in the X- and Y- coordinate system, the
FRQFUHWHSULQFLSDOVWUDLQV ܭc1DQGܭc2) can be calculated
ε c1 , ε c 2 =

(ε cx + ε cy )
2

±

1
2
(ε cx − ε cy ) 2 + γ cxy
2

(14)

Using available stress-strain relationships for concrete and
steel, the concrete stresses in the principal directions (fc1 and
fc2) and the steel stress in the direction of each reinforcing bar
component (fsi) can be computed. In this study, the constitutive formulations presented in the DSFM model are applied.
Based on the computed stresses and strains in the principal directions, the composite material stiffness matrix
[D] can be constructed by superposition of the material
stiffness matrixes of the concrete and all the reinforcement
components

[ D] = [ Dc ] + i∑=1[ Ds ]i
n

(15)

The concrete material stiffness matrix is calculated using
effective secant moduli (Ɯc1, Ɯc2, Gc GH¿QHGZLWKUHVSHFWWR
the principal directions
⎡ Ec1
′
[ Dc ] = ⎢⎢ 0
⎢ 0
⎣
Ec1 =

0
Ec 2
0

0⎤
⎥
0⎥
Gc ⎥⎦

E × Ec 2
f c1
f
; Ec 2 = c 2 ; Gc = c1
Ec1 + Ec 2
ε c1
εc 2

(16)

(17)

The [Dc@ƍPDWUL[FDQEHWUDQVIRUPHGEDFNWRWKH;DQG
Y-axes
[Dc] = [Tc]T[Dc@ƍ>Tc]

(18)
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Fig. 3—Algorithm of proposed beam-membrane interface element.

Fig. 4—Details of Vecchio-Shim beams. (Note: Dimensions in mm; 1 mm = 0.0394 in.)
where [Tc] is the transformation matrix described by Cook
et al.12
The contribution from the i-th reinforcement component
WRWKHPDWHULDOVWLIIQHVVPDWUL[LVGH¿QHGDV
⎡ρsi Esi
′
[ Ds ] i = ⎢⎢ 0
⎢ 0
⎣
Esi =

0 0⎤
⎥
0 0⎥
0 0⎥⎦

f si
ε si

(19)

(20)

ZKHUH ȡsi LV WKH UHLQIRUFHPHQW UDWLR ܭsi is the reinforcement strain; and Esi is the effective steel modulus for i-th
reinforcement component. Using a similar transformation
matrix applied to the concrete material stiffness, [Ds@ƍi can
be transferred from the longitudinal axis of the reinforcing
bar to the X- and Y-reference axes
[Ds]i = [Ts]iT[Ds@ƍi [Ts]i

VERIFICATION STUDY
7KH YHUL¿FDWLRQ VWXG\ ZDV SHUIRUPHG RQ D VHULHV RI 
simply supported beams tested by Vecchio and Shim13 under
a monotonic loading condition. The beams were categorized
into three series of tests (Series 1, 2, and 3) according to their
clear span length (3.66, 4.57, and 6.40 m, [4, 5, and 7 yd]
respectively). Each series of tests comprised four beam specimens with a different cross-sectional width and reinforcement
FRQ¿JXUDWLRQ %HDPV2$$%DQG& 7KHEHDPVKDGOLJKW
amounts of transverse reinforcement, ranging from 0.0% to
0.2%. Three different failure modes were observed during
the experiment: diagonal-tension, shear-compression, and
ÀH[XUDOFRPSUHVVLRQ7KHFURVVVHFWLRQDQGHOHYDWLRQGHWDLOV
of the beams are presented in Fig. 4.

(21)

Knowing the composite material stiffness matrix [D], the
stress-strain constitutive equation, Eq. (7), can be solved
WR GHWHUPLQH QHZ YDOXHV RI WKH WUDQVYHUVH VWUDLQ ܭy). The
SURFHGXUHLVUHSHDWHGXQWLOWKHWUDQVYHUVHVWUDLQ ܭy) values
ACI Structural Journal/May 2018

FRQYHUJHZLWKLQDSUHGH¿QHGHUURUOLPLW$IWHUWKHFRQYHUJHQFH KDV EHHQ DFKLHYHG WKH FRPSXWHG VKHDU VWUHVV Ĳxy)
values can be used to determine equivalent shear forces.
Figure 3 indicates the main steps of the proposed beammembrane coupling method.

Finite element models
Stand-alone models²7ZR W\SHV RI VWDQGDORQH PRGHOV
were created for each beam: a frame model (analyzed with
VecTor5 program14) and a membrane model (analyzed with
VecTor2 program15). Taking advantage of the symmetry of
829

Fig. 5—Comparison of crack patterns of OA1 beam based on different mixed-type methods.
the beams and test setup, only half of the beam span was
modeled. In the stand-alone frame analysis, 6-DOF layered
frame elements with element lengths ranging from 200 to
300 mm (7.87 to 11.81 in.) were used to model the beams.
Each frame element was divided into 50 concrete layers,
SURYLGLQJVXI¿FLHQWDFFXUDF\IRUWKHVHFWLRQDODQDO\VLV7KH
loading was applied as an imposed displacement with increments of 0.25 mm (0.01 in.) at the midspan of the beam. To
PRGHOWKHVXSSRUWFRQGLWLRQVDUROOHUVXSSRUWZDVGH¿QHGDW
the left end of the beam by restraining the vertical DOF. In
addition, to satisfy the condition of symmetry, both the horizontal and rotational DOFs were restrained at the midspan
nodes of the beam.
The stand-alone membrane model was created using
8-DOF reinforced concrete rectangular elements with an
approximate mesh size of 45 x 37 mm (1.77 x 1.46 in.) in the
X- and Y-directions, respectively. Longitudinal reinforcing
bars were modeled as discrete using 4-DOF truss bar
elements; the transverse reinforcement was modeled as
smeared. The loading plate was modeled using structural
steel rectangular elements. Between the steel and concrete
elements, a layer of unidirectional bearing elements was
used to allow strain in the horizontal direction, providing a
more realistic representation of the force distribution and
crack pattern under the load.
Mixed-type models²)RU WKH EHDPV ZLWKRXW VKHDU
reinforcement (OA1, OA2, and OA3), the behavior was
dominated by a diagonal-tension crack that continued as a
sliding crack in the horizontal direction along the longitudinal
reinforcement extending to the support (refer to Fig. 5). To
accurately capture the failure mechanism, the membrane
submodel was created on the support side of the beam and the
frame submodel was created on the midspan side of the structure.
Two types of mixed-type models were used: Mixed-Type 1
(0.65L membrane submodel and 0.35L frame submodel), and
Mixed-Type 2 (0.90L membrane submodel and 0.10L frame
submodel), where L is the half-span length of the beam.
With the other types of the beams (A, B, and C), which
contained transverse reinforcement, the failure was initiated
by crushing of the concrete in the compression zone under
the loading plate, which was followed by either a diagonal
VKHDUFUDFN 6HULHVDQG RUÀH[XUDOFUDFNVDWWKHPLGVSDQ
(Series 3). For these beams, because the location of the critical zones varied depending on the type of failure, two types
RIPL[HGW\SHPRGHOVZLWKRSSRVLWHVXEVWUXFWXULQJFRQ¿J830

urations were created (Mixed-Type 1 and Mixed-Type 2).
,QWKH0L[HG7\SHFRQ¿JXUDWLRQWKHPHPEUDQHVXEPRGHO
was located close to the support end of the beam, while in the
0L[HG7\SH  FRQ¿JXUDWLRQ WKH PHPEUDQHVXEPRGHO ZDV
located near the loading plate. In both mixed-type models,
65% of the structure was modeled using membrane elements
and 35% of the structure was modeled with frame elements.
The two submodels were connected using the proposed
interface elements. A newly developed simulation framework, named Cyrus,16 was used to combine the two programs
and coordinate the analysis. Figure 6 shows the stand-alone
DQGPL[HGW\SH¿QLWHHOHPHQWPRGHOV
It should be noted that the selected percentages for the
length of the submodels (10% and 90% or 35% and 65%)
are arbitrary numbers. Different length percentages and
VXEVWUXFWXUH FRQ¿JXUDWLRQV DUH XVHG WR GHPRQVWUDWH WKHLU
LQÀXHQFH RQ WKH VWUXFWXUDO EHKDYLRU ,Q JHQHUDO WR KDYH
optimal results, the membrane submodel must include the
critical regions and must be extended adequately to reduce
SRVVLEOHVWUHVVÀXFWXDWLRQV
Comparison of results
Comparison against stand-alone analyses²7KHORDGGHÀHFWLRQUHVSRQVHVRIWKHPL[HGW\SHDQDO\VHVDUHFRPSDUHG
against the stand-alone analysis results and experimentally
observed behaviors in Fig. 7.
Based on the stand-alone analysis results, both VecTor2
(membrane model) and VecTor5 (frame model) were capable
of computing the peak load capacity of the beams with a
high level of accuracy. It is worth noting that most other
frame-type analysis tools, unlike the VecTor5 program, do
not consider shear-related mechanisms, which can result in
VLJQL¿FDQWRYHUHVWLPDWLRQRIWKHORDGFDSDFLW\DQGGXFWLOLW\
Although VecTor5 was capable of considering shear behavior
relatively well, because of the limitations associated with its
frame-type analysis nature, it underestimated the ductility
and was unable to accurately capture the post-peak response.
These facets were computed with much better accuracy by
VecTor2, which uses more advanced types of elements.
For all types of mixed-type analyses, except the Mixed7\SH  FRQ¿JXUDWLRQ RI WKH $ EHDPV WKH ORDGGHÀHFWLRQ
responses fell between the stand-alone analysis results of
WKH PHPEUDQH PRGHO DQG WKH IUDPH PRGHO RU ZHUH VXI¿ciently close to them, resulting in a high level of accuracy
in capturing the behavior of the beams. Also for all mixedACI Structural Journal/May 2018

Fig. 6—FE model for stand-alone and mixed-type analyses of Vecchio-Shim beams.

Fig. 7—Comparison of midspan load-defection responses for Vecchio-Shim beams. (Note: 1 mm = 0.0394 in.; 1 kN = 0.225 kip.)
type analysis cases, the location of the diagonal shear crack
was consistent with the location of the critical section for
FKHFNLQJWKHVKHDUFDSDFLW\RIDPHPEHUDVGH¿QHGLQWKH
CSA A23.3 standard17 (that is, effective shear depth dv from
the support or loading plate). A more detailed description of
the analysis results for each type of cross section is provided
in the following discussion.
ACI Structural Journal/May 2018

For the OA beams containing no shear reinforcement, the
F2M interface element was able to compute the diagonal
shear crack at the connection section and the sliding crack
in the horizontal direction along the longitudinal reinforcePHQW UHIHUWR)LJ ,QWKH0L[HG7\SHFRQ¿JXUDWLRQWKH
shear failure occurred in the frame submodel, resulting in a
response that was closer to the stand-alone frame analysis. In
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)LJ ²/RDGGHÀHFWLRQ UHVSRQVHV RI 2$ EHDP EDVHG RQ
different mixed-type methods.
WKH0L[HG7\SHFRQ¿JXUDWLRQLQZKLFKDJUHDWHUSRUWLRQRI
the structure was modeled with membrane elements, the shear
failure occurred in the membrane submodel and, therefore, the
response leaned toward the stand-alone membrane analysis.
The A beams, having the lowest amount of shear
UHLQIRUFHPHQWDPRQJWKHEHDPVFRQWDLQLQJVWLUUXSV ȡt = 0.1%),
exhibited the most challenging behavior to capture using the
mixed-type analysis. In these beams, all the three types of
PHFKDQLVPV FRQWULEXWHG WR WKH ¿QDO IDLOXUH ,Q WKH 0L[HG
7\SHFRQ¿JXUDWLRQWKHIDLOXUHZDVJRYHUQHGE\FUXVKLQJ
of the top layers of frame elements in the compression zone,
leading to a response that was closer to the stand-alone frame
DQDO\VLV ,Q WKH 0L[HG7\SH  FRQ¿JXUDWLRQ KDYLQJ WKH
frame submodel on the support side of the beams compromised the ability of the mixed-type analysis to fully capture
the horizontal sliding crack, resulting in overestimations of
the peak load and ductility.
With the B and C beams, having higher amounts of shear
UHLQIRUFHPHQW ȡt = 0.15% and 0.2%, respectively) compared
WRWKH2$DQG$EHDPVWKHLQÀXHQFHRIWKHKRUL]RQWDOVOLGLQJ
FUDFN RQ WKH UHVSRQVH RI WKH VWUXFWXUH ZDV LQVLJQL¿FDQW
Consequently, the analysis results computed by both the
0L[HG7\SHDQG0L[HG7\SHFRQ¿JXUDWLRQVKDGH[FHOlent agreement in terms of the peak load and ductility with
the stand-alone analysis responses and correlated reasonably
well with the experimentally observed behavior. Depending
on whether the critical region of the beam was located in the
membrane submodel or the frame submodel, the mixed-type
analysis response followed a similar path as the stand-alone
membrane or frame analysis response.
A more detailed comparison of the results in terms of
the peak load and corresponding displacement values is
provided by Sadeghian.18
Comparison against other mixed-type methods²7R
further assess the performance of the F2M interface element,
the analysis results were compared against two other existing
coupling methods that have been widely used in previous
studies: the Rigid Links method1,2 and the McCune et al.
method.3 The investigation was conducted on the MixedType 1 model of Beam OA1, which exhibited a dominant
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shear behavior in both the stand-alone analysis and in the
experiment.
7KHPLGVSDQORDGGHÀHFWLRQUHVSRQVHVDQGFUDFNSDWWHUQV
computed by different types of mixed-type methods are
presented in Fig. 8 and Fig. 5, respectively. In Fig. 8, the
accuracy of different mixed-type models should be evaluated based on the response of the stand-alone membrane
model rather than the experiment; the stand-alone membrane
model is the most accurate analysis that can be obtained
using the VecTor2 and VecTor5 programs. It can be seen
that the Rigid Links method greatly overestimated the peak
load and ductility of the beam due to the use of high stiffness elements at the connection section between the two
submodels. A set of high stiffness elements located along
the height of the section performed as a strong stirrup that
suppressed the formation of a diagonal shear crack at the
interface section.
The McCune et al. method3 computed the linear response
of the structure well; however, as expected, after cracking of
the concrete, it failed to capture the behavior of the beam,
UHVXOWLQJ LQ D VLJQL¿FDQW VWUHVV FRQFHQWUDWLRQ DW WKH ORQJLtudinal reinforcement layer and consequently a premature
local failure. To investigate the McCune et al. method3 in
more detail, another mixed-type model was created in which
the longitudinal reinforcement was modeled as smeared in a
tributary area of approximately 7.5 times the bar diameter,
as recommended by CEB-FIP.19 Although this prevented
the local failure at the longitudinal reinforcement layer, the
analysis response underestimated the stiffness and peak load
compared to the stand-alone analysis results. In addition, the
analysis was not able to capture the diagonal shear crack and
computed a horizontal crack located at approximately the
middepth of the elements containing smeared longitudinal
reinforcement. It is worth reiterating that the McCune et al.
method3 was developed for linear elastic problems and was
not intended to be applicable to nonlinear analysis of
reinforced concrete structures.
Unlike the other two mixed-type methods, the F2M
LQWHUIDFHHOHPHQWFRPSXWHGDORDGGHÀHFWLRQUHVSRQVHWKDW
was between the stand-alone detailed FE analysis and the
stand-alone frame analysis results. With respect to the crack
pattern, the F2M element was able to capture the diagonal
shear crack at the connection section and also the horizontal
sliding crack along the longitudinal reinforcement layer.
The computed stress distributions at the interface section
of the membrane submodel for pre- and post-cracking conditions are presented in Fig. 9 and 10, respectively. For the
proposed F2M element, prior to cracking, the computed
axial and shear stresses are almost identical to the standalone membrane model. After cracking of the concrete, the
F2M element was able to accurately capture the stress reduction in the cracked elements located at the bottom of the
cross section and the increase in stresses of the uncracked
elements at the top of the cross section. Compared to the
stand-alone membrane model, the axial stresses correlated
very well and the shear stresses were reasonably accurate.
For the vertical stresses, the proposed procedure assumes
QR FODPSLQJ VWUHVV DW WKH LQWHUIDFH VHFWLRQ +RZHYHU WKH
external forces applied through the section to transfer the
ACI Structural Journal/May 2018

Fig. 9—Stress distributions through section prior to cracking (applied displacement = 0.5 mm [0.02 in.]).

Fig. 10—Stress distributions through section after cracking (applied displacement = 4.0 mm [0.16 in.]).
VKHDUIRUFHEHWZHHQWKHWZRVXEPRGHOVFDQFDXVHVRPHÀXFtuations in the vertical stress distribution. It is worth noting
that the amount of overestimation of the vertical stresses
computed by the F2M method is much less than that of the
other two coupling methods.
The other two coupling methods showed major limitations in determining the interface stresses. Although the
Rigid Links method accurately captured the axial stresses
in both pre- and post-cracking conditions, the computed
shear and vertical stresses appeared to have random distributions. Prior to cracking, the McCune et al. method3 was
unable to capture the shear stresses of concrete membrane
elements that were connected to truss elements representing
reinforcing bars (that is, discrete modeling). Alternatively, the
longitudinal reinforcing bars were modeled as a component
of membrane elements (that is, smeared modeling). While the
smeared modeling approach produced a correct shear stress
distribution, it limits considering some of the mechanisms
such as bond-slip effects, which can be critical in other types
of structures. After cracking of the concrete, both the smeared
and discrete models of the McCune et al. method3 were unable
to accurately capture the shear stress distribution.
APPLICATION EXAMPLE
The application of the proposed interface element and
advantages of using the mixed-type analysis method are
demonstrated through modeling a reinforced concrete frame
structure previously tested by Calvi et al.20 The frame was
designed for gravity loads only based on typical Italian
construction practice common in 1970s (that is, smooth
reinforcing bars, no stirrups in the joints, and the longitudinal
bars in the exterior joints anchored with short, 180-degree
ACI Structural Journal/May 2018

end-hooks). The lateral loads were applied in a hybrid
force-displacement control manner; the displacement at the
WRS ÀRRU ZDV LQFUHDVHG LQ D UHYHUVHG F\FOLF UHJLPH ZKLOH
maintaining a linear force distribution along the height of the
structure. In addition, a gravity load of 73 kN (16.41 kip)
ZDV DSSOLHG RQ WKH ¿UVW DQG VHFRQG ÀRRUV DQG  N1
NLS ZDVLPSRVHGRQWKHWKLUGÀRRU'LPHQVLRQVRI
the frame and imposed loads are shown in Fig. 11. According
to the test results, the poor detailing of the reinforcement led
to a brittle failure mode with most of the damage concentrated
LQWKHH[WHULRUEHDPFROXPQMRLQWUHJLRQVRIWKH¿UVWÀRRU
Stand-alone model
A frame model of the entire structure was analyzed
using VecTor5. The modeling procedure was similar to that
GHVFULEHGIRUWKHEHDPVSHFLPHQVLQWKH9HUL¿FDWLRQ6WXG\
section. A total of 338 layered beam elements each divided
into 30 layers were used. The joint regions were represented
ZLWK VWLIIHQHG HOHPHQWV WR DYRLG DUWL¿FLDO GDPDJH 7KH
gravity loads were modeled as nodal and element forces
representing the externally applied loads and self-weight
of the structure, respectively. Because the hybrid force-displacement type of loading is not available in VecTor5, instead
of applying the lateral loads in a reversed cyclic manner, a
pushover analysis was performed. The lateral loads were
modeled with nodal forces and monotonically increased up
to the failure point in increments of 0.5 kN (0.112 kip).
7KH ORDGGHÀHFWLRQ UHVSRQVH RI WKH SXVKRYHU DQDO\VLV
is compared to the experimentally observed behavior in
Fig. 12(a). The stand-alone frame analysis response agreed
reasonably well with the experimental results up to the point
ZKHUHWKHMRLQWVEHJDQWRFUDFN+RZHYHUEH\RQGWKLVSRLQW
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Fig. 11—Mixed-type model of frame. (Note: Dimensions in mm and forces in kN; 1 mm = 0.0394 in.; 1 kN = 0.225 kip.)

)LJ²([SHULPHQWDODQGDQDO\WLFDO D ORDGGHÀHFWLRQUHVSRQVHVDQG E FUDFNSDWWHUQVIRUIUDPH
due to the limitations of the beam elements, the analysis
began to overestimate the strength and stiffness, resulting in
much higher failure load than the experiment.
Mixed-type model
A more accurate response of the structure can be obtained
using a mixed-type model, where the critical regions
H[WHUQDO MRLQWV LQ WKH ¿UVW ÀRRU  ZHUH PRGHOHG XVLQJ
membrane elements (VecTor2 program) while the rest of the
frame was modeled with layered beam elements (VecTor5
program). The interface between the membrane elements
and beam elements was modeled with the F2M element.
Cyrus was used to combine the two programs and coordinate the analysis. For the membrane submodel, the modeling
procedure was similar to that described for the beam speciPHQVLQWKH9HUL¿FDWLRQ6WXG\VHFWLRQ7KHRQO\GLIIHUHQFH
ZDV GH¿QLQJ OLQN HOHPHQWV EHWZHHQ UHFWDQJXODU HOHPHQWV
and truss elements to capture bond-slip effects. Details of
the mixed-type model are shown in Fig. 11.
%DVHG RQ WKH ORDGGHÀHFWLRQ UHVSRQVHV SUHVHQWHG LQ
Fig. 12(a), the mixed-type model predicted the peak load
and stiffness values much more accurately than the standalone analysis. The mixed-type analysis computed a large
amount of slip in the longitudinal reinforcement of the
EHDPV DW WKH LQWHUIDFH VHFWLRQ UHVXOWLQJ LQ D VLJQL¿FDQW
reduction in the stiffness of the system. The analysis also
showed post-peak decay in strength due to local failure in
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the joints. The computed crack pattern agreed well with the
experimentally observed behavior (refer to Fig. 12(b)).
None of these mechanisms were captured in the stand-alone
frame analysis, illustrating the effectiveness of the mixedtype simulation.
It is worth noting that the analysis times of the standalone and mixed-type models on a desktop computer with a
high-speed processor were approximately 4 and 9 minutes,
respectively, which were considered acceptable. Modeling
the entire structure with membrane elements results in a
much higher analysis time that may not be practical, particularly if a cyclic or a dynamic type of analysis is required.
SUMMARY AND CONCLUSIONS
In this study, a new beam-membrane interface element,
WKH )0 HOHPHQW ZKLFK ZDV VSHFL¿FDOO\ IRUPXODWHG IRU
mixed-type analysis of reinforced concrete structures, was
SUHVHQWHGDQGYHUL¿HG7KHSURFHGXUHVDWLV¿HVHTXLOLEULXP
and compatibility requirements at the connection section.
The main contributions of the proposed interface method,
not available in other known mixed-type methods, can be
summarized as: 1) computing linear and nonlinear axial
and shear stress distributions at the interface section with
DKLJKOHYHORIDFFXUDF\ZLWKRXWGHFRXSOLQJWKHD[LDOÀH[ural, and shear effects; 2) allowing for transverse expansion
and accurate calculation of Poisson’s effects at the interface section using offset strains; 3) considering reinforced
ACI Structural Journal/May 2018

concrete as a composite material enabling the use of truss
elements in addition to the membrane elements at the interface section. Beside these advantages, the assumptions used
in the proposed procedure make it not suitable for coupling
elements with high clamping forces or elements located at
disturbed regions.
7KHSHUIRUPDQFHRIWKH)0HOHPHQWZDVYHUL¿HGWKURXJK
mixed-type modeling of a series of 12 shear-critical beam
specimens which exhibited different types of failure modes.
In addition, the application of the F2M element and mixedtype modeling approach was demonstrated by analysis of
a frame structure with critical joints. The following concluVLRQV FDQ EH GUDZQ IURP WKH YHUL¿FDWLRQ DQG DSSOLFDWLRQ
examples:
1. Overall, the mixed-type analysis based on the F2M
element provided reliable and consistently accurate calculations of initial stiffness, peak load, and ductility of the
beams. For all beams considered, using a proper substrucWXULQJ FRQ¿JXUDWLRQ WKH PL[HGW\SH DQDO\VLV UHVXOWV ZHUH
VXI¿FLHQWO\FORVHWRWKHVWDQGDORQHDQDO\VLVUHVXOWVDQGWKH
experimentally reported values.
2. The F2M element was able to capture the shear failure
at the interface section and accurately compute the reduction in stress levels of the cracked concrete elements and,
consequently, the increase in the stress values of uncracked
elements. This resulted in axial and shear stress distributions which correlated reasonably well with the stand-alone
membrane model. Contrary to the F2M element, the Rigid
Links method and the McCune et al. method3 had major
limitations in capturing both the global and local behavior of
cracked reinforced concrete members.
3. Mixed-type modeling of the frame specimen, with
proper modeling of the connecting section using the F2M
element, enabled detailed analysis of the critical regions
H[WHUQDOMRLQWVLQWKH¿UVWÀRRU ZKLOHFRQVLGHULQJWKHJOREDO
response of the structure. Unlike the stand-alone frame
model, the mixed-type model was able to capture the damage
in the external joints, resulting in a structural response that
had a much better correlation with the experimental results.
4. Caution must be taken in using a mixed-type simulation
method. Creating a proper mixed-type model requires having
a good understanding of the expected behavior of the structure and an anticipation of the location of critical regions prior
to the analysis. For a single member structure (for example,
EHDP VSHFLPHQV  WKLV FDQ EH GLI¿FXOW IRU D PXOWLPHPEHU
structure (for example, frame specimen), the location of
potentially critical member(s) is typically more intuitive.
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